2, Converrjence of Movotone Seo|mamnces

Suppote 12n] 15 o \nwASing (ofnemce, TF
2, is wob Lownded obove @3077 exonnple, =)

s b doos wob coverjer Bub TF 1L s fnded

\IV\ &M— L\AMCL/ S
G) gy = don ench nzi

i 2rd () Hp & M don ench vz,

Tt geems haank {%nqsw/' Lonveryes £ Fome vl €973
which weed web fe M, Becamst if X, < M olds
Lon gach wxl, dlen e M Jolls s weh. And
A ik convenge to Lo M ond M HL

Lookiwy ok dne Ligane above, € ;a?m )(M;:Q
éca(wwu { o convenrged o ste ‘lemsb wppen ,

W hwere 8 '.sww«y snedr wuww@m. wWe de e VE a8

Lollows
Suppose A s o on- mply sk ot R, ok
drak Ao geb is ﬁww,&%mmmﬂwe.waww

Lot wpper bownd fon A

L s & | l
() £ i wkself an nfPEr Qound, ot i5 A <L Aulds
o found. Menss

‘e vt am UPPO

W [y g < @ b L "
- sk mEA swuwawj

Lon oveny 1) ¢ L, droe &4

NOEQ, we Coan WWEV— (Il) M; *e . wo&\ ek
gt &
() Fn eveng £330, 4L VS e

Scanned bv CamScanner



Also noke drak i a Lesst wpper oued exists, e it
ranst e Winid L. Dok 18, oo Ceb 't bwve two i ffernt
Losrb wppor hownds (Phove & Sowseld. *

Bub. Low b eniwie hwk o sk b Losnt wppe
bownd ! T At sek s ot Dounded e above, drer

c(,uwﬂ? b ocon't hove o Lesnt wpper [ ownd .
sk s Lownded shove, 18 b wneeeheTd ok @it
bos o Mot WP heund 7

owk o be “Ver', Qbuk pads A M
s ackaally an axiom fon IR,
sepanokes

Tt ounimen s
wnexpecked mennll. T
d i fnck His s e only autiom ek
R from Q.

Axiom (Axiom of Lovnplebentss)

TE & non-empby sl ek A

Nt b o a Lo np PO Rownd -

Axiom s Aevowd wic appbicabions, but it is

who hwb Erheagwre. Twhenested
o

o R s Lownded above,

This
beyond owt Scope fo dig
quader un Lotk np AvY book own Roal halysis

EXAMPLL/ Rudin oh /4)9034;01). |
Dt ;M{Do‘hw ‘hlv'"‘% by wote s dhak, e donrt

heed Aot aXiomn Fon \
Nt namn .
). Recamse, N

bove o~ 87\“\&«/&{: Lowon bownd (
A 3 Qownded Lnopn Redow, Aler *A={—ﬂ\:&eAﬂk s

Sownded Fhom Move, 4o & badr o guphunum, so-d,
Thtn, —L ik e & gw/rwé Lo Bovnd (infiraun)
Lo A, ot com olso ghao ook infiimnem o a
Skt fe pumdue, o E oSt

Scanned bv CamScanner



nx\

Theohem T {anl, i B ownded from above ound
" L e e Convengos.

—

Phoof, M tek Szt y Y
b obows o {opst wppet fownd, 2oy L. Thew £510mm

¢ ond {mqsm S e
< K,
ne N, we Lbave %[—£<%NSXm

. NeN St
Perefont, bn every g0, dert esiss
e (-5, 0+9). B

O

Ky > Q-

da, Decawnt  Kn Z

Downded  sefnnt® —
U SVt T ownd wmj

Prwoof fon | e beomabel, 5o
ot (per Lownd /et
b wie Jrust b Anzotum 0 {—m}v\;l ‘

o apply doe PRV

Scanned bv CamScanner



le. _
Exardle Job o= L+ Ly dy v Ay

T nxl, Ts i+

Fure Mok 2, convenges /

Solubion o, | —Hn = E\—‘;BL>O/ Lon emch nz L,

TNercdore bt $efnence 1% NS SZN 0

Nexk, _ <+ L+ L+
W = l+7‘7}+%§i+"'+%«1 T2 22 G-on

=275 ()
N 2, fon each nx\,
Phms, {'X“qlm/‘ 1S In O pund Lovunded, eance e
runt convenge. [STV\CL A Wy < 2 Adon emeh nZL e
Comn a&bogagw L 96 <€ 2. Hoveven, dg tineo 7

5 2.
Nk e whed, dagh wot E’LVL"‘)’ fine valint ot k—’;‘ao ]

E_fo- Swppose {O\t«qlv\gl o Sefurmer ‘;mBSﬁ,‘.WV

GLV\-H = 2_+V\0\M , '@07’\ N i

(M) T 0<A <4, Ko shoo dak o Aeduance A o

WM OLASA pond  anee Ao ok i A =1,

n— o0

(R))T‘F aﬁ_?l,'h/dw\%ﬂ\ﬂ hak e MWC’LQ&«‘\SM’
- Ay, pond  frnce o ok Lim @, =1\,

(@) Whak AIoppins o=\ 7

M(m Firwt we Yhow et o< an < 1 bolds Fon
A nzl, We hew ik by mdndbon on n. The DHowe e
n=l 38 Givan ko be L Aod e indnekive Step (fnom w
bona) s as follews:

Wﬂo&wu e uw|v]Af Dn >0 = Ann 20, And,

A _ 3An <« Y EAL [ we wmed B<An<| 4o
N4\ 2+ Awn - 2 4+ A = éd* MW:[\AAL&)]

Scanned bv CamScanner



o ok An S neneasivg,

NLXE/ we
3 O — A
No ke Hak AV\H —Qa, = 'LTa;‘M - &JZA_(—\T—)> o, £, come

0<¢an<\. W@Wﬁf@i

M forty  Ant > An Lon oM w2, ownd o<t <!l fon

A ny Heece Um A ewsk. Sey L= lim A
- o o2 (Nl
@ g\V\CL aV\«H - 3 ‘@77‘ M V\>/\/ we M n—0 o
2 t+0n
s 4o
. @2: le al’\-H: (}M 3 A :A.
N— o0 Noww 2Z+HAwW 2+0

E\)D*L O<An<|=> 0SL <), Ao 24+ LF0 2+ando .

£on each w21,
Selvinrd- fon &, we Wk L =0on I,
NG\I\), (\:\,\L MWC& ‘S \AMI’\\V‘S,’ &0 Au 2 ﬂp >0

rel Whadh Fver L a >0, Henct R #0, ?-L-\E/;@

Lo A

(1) Do 'k Yownself, Ths vewy Siwulon to (),
[FVM% Yoo hab An > Loolds Lon Al nxt, Thhem
o ot oy, s decneannd. Thw An is decreasing
ond Qounded Belad, S0 Lim An = { exists. Solve 4oL

W3 0

gind elimsbe Dt possibilidy hak (=0]
(¢) T A, =\, AHrem A =\ ﬁomwwat_ 0
Exenci s’

2.7 Suppese Rwu =R fon Al wal and O A<l Shoo duak

L A exisds. Fnd s Linad,
n—0

2-8. SupPoe {%wqﬁm( gakislies Wpm =An (- ), fon

Wy w2l T€ o< <\, e ghaw hok e seduonee

W COV\VUI36)>. Alw, Hwnd

2:9. Debe H =VZ and X =Nz %,

Doer Um wn exist? TF ved, dnon Lind

n- 0d

Scanned bv CamScanner



2:10. Delume Apy = JL_(oc.,\-\—%) , fon nz\|, where >0,

e

TE G > (2, hren 0 vaak 2a Convestjth. Also

n— od

2. Suppose a calewdabon cam do owky addition MM& (m%

B ; ve
mulbiplieakion mnd .;L.‘v;QrmA.LD\ VMHW(M, + does wo
Lutows Fon 44ww—m°+: on to-tee-power) B Fund A wa%

Lo approxinwte NF upke few plocer o dec 7.

) P _ Ml‘f‘ Sn
212, Suppose ok {SJSM Sokisfies Sy 'f—o:'_ﬂ/
Lon sach nel whee Lyas>0. Ad Lek S = A,

Find oo ke iSv\‘ﬁ:\: Cenvenjés on not . (‘IF e conveyed,

from Bnd W8 Linak 4oo)
s o Rownded &o{mu. Chow Hak

213 Supprie 1%,

Lownded-
LEwn, & Mg CWg <
Ak Lot {%w,j} . o d {&"‘K’\Sum Convenyeh.

AN
;.'.LS‘ Yoey Nk exast an wvx’bd\z\»&d Agd nemnce

doos wob have o~y ponvengent  cubeed B
2.6, Dogr e exist ow vk sunded Sedugimee Y

2:19. Suppose we Lave a drdnance fpoads "3

convearyont gl fefunamct of it canvegs do St
i E L ys ok waced
L5 vk @axy L\), T {%“\SV\Z\ < Lownded, 1S w2

1 ? ’hN‘\S D\)\l‘h/\
ok An convn §eh to L ¢ (w;:fc@weus;egaf% )

Scanned bv CamScanner



